Abstract. We calculate the twisted Alexander polynomials of (−2, 3, 2n + 1)-pretzel knots associated to their holonomy representations. As a corollary, we obtain new supporting evidences of Dunfield, Friedl and Jackson's conjecture, that is, the twisted Alexander polynomials of hyperbolic knots associated to their holonomy representations determine the genus and fiberedness of the knots.
. (−2, 3, 2n + 1)-pretzel knot Definition 1.1. Let G(K) = π 1 (S 3 \ K) be the knot group of a knot K presented by G(K) = x 1 , · · · , x n r 1 , · · · , r n−1 .
Let Γ denote the free group generated by x 1 , · · · , x n and φ : ZΓ → ZG(K) the natural ring homomorphism. Let ρ : whereα : ZG(K) → Z t, t −1 andρ are respective ring homomorphisms induced by the abelianization α : G(K) → t and ρ. We put
∂x j , where ∂ ∂x j denotes the Fox derivative (or free derivative) with respect to x j , that is, a map ZΓ → ZΓ satisfying the conditions ∂ ∂x j x i = δ ij and ∂ ∂x j gg ′ = ∂ ∂x j g + ∂ ∂x j g ′ , where δ ij denotes the Kronecker symbol and g, g ′ ∈ Γ. Then, the twisted Alexander polynomial of K is defined by
where A ρ,k is the 2(n − 1) × 2(n − 1) matrix obtained from A ρ = (A i,j ) by removing the k-th column, i.e.
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Holonomy representations
In this section, we give a presentation of knot group G(K n ) and its holonomy representation ρ m : G(K n ) → SL 2 (C), where m represents the eigenvalue of the meridian of K n .
Let L be the link depicted in Figure 2 and E = S 3 \ L. Then, the Wirtinger presentation (see [CF] ) of π 1 (E) is given by a, b, x {axba(xb)
where a, b and x is Wirtinger generators assigned to the corresponding pass depicted in Figure 2 .
Note that
removing the tubular neighborhood of the trivial component and re-gluing the solid torus again. Therefore, by the van Kampen theorem, we have
Figure 2. Link L Proposition 2.1. For a non-zero complex number m, there exists a representation ρ m :
and
where s is a solution to
and α, β are given by
In what follows, for simplicity, we denote the right hand side of (1) by r 0 .
Proof. For simplicity, put
. By the aid of Mathematica, we have
Therefore, by (1), we have X = {AXBA(XB)
On the other hand, we can observe
and so AXB{AXBA(XB) −1 } = XBX −1 {AXBA(XB) −1 }XB by (1). Further more, we obtain
xb . This completes the proof.
Remark 2.2. Since the representation ρ m comes from the holonomy representation obtained from the ideal triangulation of E given in [TY] , the holonomy representation ρ m of G(K n ) is given by the solution to (1) which maximizes the hyperbolic volume of S 3 \ K n .
Calculation of the twisted Alexander polynomial
The following is the main result of this paper.
Theorem 3.1. The twisted Alexander polynomial of K n associated to ρ m is given by
where
− 2 and i is even,
Hs n β if i = 2n − 1 and we put
To prove Theorem 3.1, it suffices to show Proposition 3.2. For simplicity, we put S = s n and T = t n . The twisted Alexander polynomial ∆ Kn,ρm (t) is given by
HSt 4 β .
By multiplying t 6 and rearranging with respect to t , we obtain the formula of Theorem 3.1, when we use
Proof of Proposition 3.2
Recall that
Then the twisted Alexander polynomial of K n is given by
For simplicity, we put
By the aid of Mathematica, the first term of the right hand side of (2) is given by
Similarly, the second term of the right hand side of (2) is given by
the third term of the right hand side of (2) is given by
where E 1 = (s 2 − 1)αγ 2 + m(η 1 + mS 2 γ 1 − sγ 2 )β, E 2 = (s − 1)αη 2 + mS 2 (η 1 + mS 2 γ 1 − sγ 2 )β, E 3 = −sαη 2 + m(s + 1)S 2 βγ 2 , and the fourth term of the right hand side of (2) 
